1. If X is a real Banach space and X** the second conjugate space of X, then for each subset A of X** let KxiA) be the «¿"-sequential closure of A in X**; thus FEKxiA) if and only if there is a sequence { Fn} in A such that F(f) = limn F"(f) for all/EX*. If Jx is the canonical mapping from X into X**, then Kx(JxX) is closed in the norm topology of X** [l]. In the present paper it will be shown that if P is a norm-closed cone in X, then Kx(JxP) is norm-closed in X**, but Kx(Kx(JxP)) need not be norm-closed in X**.
2. If s is a bounded real function on [0, l], let ||s|| =sup0síSi | s(t)\. If 5= {5*} is a bounded sequence of functions, i.e., if each sk is bounded and sup¡tew ||sjt|| is finite, let ||5|| =sup*e(J ||s*||. If Q is a set of functions, let 7,(0 be the set of all functions x such that x is the pointwise limit of a bounded sequence in Q. Let Ct be the collection of all double sequences A= {o*,-} of non-negative numbers such that for each h the following conditions are satisfied: (1) a*¿ = 0 for all i<k and for all but a finite number of i^k; and (2) ^,-an -1. If 5= {s* j is a sequence of functions and A E ft, let F¿5 be the sequence {s*' } such that Sk = 2Z> o*,i< for each &. It is clear that (1) Ta is a linear operator; (2) if 5 is bounded, then so is TaS and || F¿5|| ^||5|| ; (3) if 5 is pointwise convergent, then TaS is pointwise convergent to the same limit. Lemma 1. If R and S are bounded sequences in the space C[0, l] of continuous real functions on the interval [O, l] and R and S converge pointwise to functions r and s respectively, then for each e > 0 there exists AEQ such that \\TaR-TaS\\ <||r-s|| +e.
Proof. The sequence R -S is bounded and converges pointwise to r -s. Hence by [l; proof of Lemma l] there exists for each e>0 an A having the required property. Lemma 2. Let P be a cone in e[0, l], let {zn} be a sequence in L(P), and let zbea bounded function such that lim" "«, ||z"-z|| = 0. Then zEL(P).
Proof. It may be assumed that ||z"-z|| <2-n for each ». « there is a bounded sequence 5" = {snk} in P which converges pointwise to zn; by Lemma 1 it may be assumed that ||5"|| <||z|| +2_B.
By induction on n it can now be shown that for each n and for each i^n there exists a bounded sequence S," = {Sink} in P such that
For n = 1, the sequence 5u can be taken to be Si. For « > 1, if S,-,"_i has been obtained for each i%.n -1, Lemma 1 may be applied (n -1) times in succession to obtain -4i, • • • , .4n_i£Ct such that 
Since by construction lim*..« sikk(t) =z,(/), it follows that lim*,« Sk(t) = z(t) for every t, so that zEL(P).
Theorem 1. If P is a norm-closed cone in a real Banach space X, then Kx(JxP)
is norm-closed in X**.
Proof.
Let P£X** be the limit in norm of a sequence {Pn} EKx(JxP). Thus each P" is the w*-limit of a bounded [3, p. 209] sequence JxSn, where 5"= \s"k} £P. Since Une« Sh is of the second category in [0, l], there exists an H such that Sh is dense in a closed interval 7. Choose an arbitrary sPoi0EDi\(int T) with i0 odd; then there exists 770^77 such that yh(sPoi0)>l -e for all h^H". Since there exist points of Sh between sp<,<o an<l everY spí such that p<po, it is clear that for every h^H" there exists FJj such that for every k^Kh, (0 for all other ¿.
Recalling the notation of Lemma 3 with a = 22r, observe that £r|X22r is an equivalence mapping onto a subspace of G[0, l], since x(0) = x(2) = 0 for all xG-X"2". Let X be the closed subspace and P the closed cone in e[0, l] generated by Urea [ETP2V\. For each r it is clear that £rxoG7-(L(P)) and hence that an FrEX** can be unambiguously defined by (3.12) Frif) = f iErx0)dpf for all/G X*; J 0 then FTEKxiKxiJxP)) and ||Fr|| = 1. Now let F= X^i 2-\Fr; thus F belongs to the closure of KxiKxilxP)) in the norm topology. Suppose FEKxiKxiJxP)).
Then there is a bounded sequence {Gj,} EKxiJxP) whose w*-limit is F. For each pair (r, A) let zr» be the function on [O, 2] defined by (3.13) Zrnit) = Gnif**+r*-*t) for < G [0, 2], where fuEX* is defined by /«(x)=x(w) for xEX and real w. Then {zr*}*-i is a bounded sequence in LiPiV) which converges pointwise on [0, 2] to 2_rx<,. By Lemma 3, lim supisu ||zm|| =2r, and hence lim supAgo, ||Gä|| ^2r. Since r is an arbitrary positive integer, the sequence [Gh] is unbounded, which gives a contradiction. Thus FEKxiKxiJxP)) and the theorem is proved.
